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Excercise 1. Show that there is a family A of ωω many �nite sets such that no B ⊆ A
of cardinality ωω forms a ∆-system.

Excercise 2. Show that if κ ≤ 2ω and Xα are separable spaces for α < κ, then
∏
α<κXα

is separable.

Hint: Consider �rst the space IX, where I ⊆ ω2 and X is separable. Let D be den-
se in X. Let E be the set of ϕ ∈ ID, such that for some n ∈ ω,

∀f, g ∈ I (f � n = g � n→ ϕ(f) = ϕ(g)) .

Then E is dense in X.

Excercise 3. Show that if κ > 2ω, then the space κ2 (where 2 = {0, 1} has the dis-
crete topology) is not separable.

Hint: IfD ⊆ κ2 is countable, show that there are α < β such that ∀f ∈ D (f(α) = f(β)).


